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Abstract. Failure modes and effects analysis (FMEA) is a popular reliability tool in 

petroleum engineering.  In FMEA, potential failure modes or corrective actions are 

evaluated, each assigned a Risk Priority Number (RPN) score, and prioritized for 
decision making.  FMEA is also known as Failure Modes, Effects, and Criticality 

Analysis (FMECA), while focuses on failure modes prioritization.  Despite of the 

popularity of FMEA and FMECA, it is not clear, how potential failure modes and 
corrective actions could be represented systematically, for effective decision making.  

In this paper, two new representations (i.e., a tree representation and a vector 

representation), for potential failure modes and corrective actions, are proposed.  
The tree representation for a potential failure mode allows its root cause(s), effect(s) 

and corrective action(s), together with their severity, occurrence and detection 

rating(s), to be represented as a three-layer tree model.  The tree representation for 
a corrective action with similar contents is outlined too.  The RPN model, together 

with its score, is represented as a node of the tree model.  These tree models can also 

be represented as their associated equivalence layered-vector representations.  In 
this paper, the usefulness of the proposed approaches is illustrated with benchmark 

FMEA worksheets pertaining to petroleum engineering. 

Keywords. Corrective actions, FMEA, FMECA, Layered-vector representation, 

Potential failure modes, Risk Priority Number, Tree models. 

1. Introduction 

Failure modes and effects analysis (FMEA) was first proposed as a formal and systematic 

design methodology for use in the aerospace industry in 1960s[1].  Since then, FMEA 

has been proven to be a useful methodology in evaluating potential failure modes and 

preventing potential failure modes from occurring [1–3].  In general, FMEA is a 

reliability engineering methodology used to identify and eliminate known and potential 

failure modes (e.g., problems, or errors) for a design, system, service or process [2].  

FMEA is also known as Failure Modes, Effects, and Criticality Analysis (FMECA), 

while focuses on potential failure modes prioritization [4].   
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 Today, FMEA has been widely used in a variety of domains, which include 

automotive [2], electronic [4], chemical [5], aerospace [6], healthcare [7], nuclear [8], 

manufacturing [9, 10], mechanical [11], agriculture [12] and petroleum engineering [13–

16].  Figure 1 illustrates a flow chart of the FMEA methodology (details are presented in 

Section 2.1).  A potential failure mode occurs if a subsystem, part, component, or process 

fails to meet its intended purpose of functions.  A root cause leads to the occurrence of a 

potential failure mode.  The corrective action(s) of a root cause need to be identified too. 

 For each potential failure mode, the effect(s) of the potential failure mode also needs to 

be determined.  The corrective actions or potential failure modes are then prioritized 

using a Risk Priority Number (RPN) model.  The RPN model takes into account three 

risk factors, i.e., Severity (S), Occurrence (O), and Detection (D).  S is an evaluation of 

the effects of a potential failure mode. O is the evaluation of likelihood that a specific 

root cause to occur. While D is an evaluation of the effectiveness of the current control 

mechanism to detect a potential root cause.   

Traditionally, an RPN score is obtained by direct multiplication of the S, O, and D 

ratings.  The potential failure modes or corrective actions associated with higher RPN 

scores are usually given higher priorities.  Although FMEA has been widely applied in 

several domains, it is susceptible to a number of limitations [6, 17].  Indeed, many efforts 

have been proposed to tackle those limitations [6, 17–24].  Despite of the popularity of 

research works relating to FMEA and FMECA, it is not clear, how potential failure 

modes and corrective actions could be represented systematically, for effective decision 

making.   

The aim of this paper is two-folded. Firstly, in this paper, two new representations, 

i.e., a tree representation and a vector representation, for potential failure modes and 

corrective actions, are proposed for FMECA and FMEA, respectively.  Our proposed 

tree representation for a potential failure mode allows its root cause(s), effect(s) and 

corrective action(s), together with their S, O and D rating(s), to be represented as a three-

layer tree model.  The tree representation for a corrective action, with similar contents, 

is devised too.  In our proposals, the RPN model, together with its score, is represented 

as a node of the tree models.  To ease the handling, these tree representations can also be 

denoted as their associated equivalence layered-vector representations.  Secondly, the 

usefulness of the proposals for handling potential failure modes with missing risk 

rating(s) is illustrated too.  In this paper, the usefulness of the proposed representations 

is illustrated with two benchmark FMEA worksheets pertaining to petroleum engineering 

[13] [14].   

2. Preliminaries 

2.1. FMEA Procedure 

The procedure of FMEA involves several activities, as depicted in Figure 1.   
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Figure 1. A FMEA Procedure. 

A description of the key activities is as follows. 

 

1. Develop the scale tables for S, O, and D risk factors; 

2. Examine the process or product and determine the sub-processes or 

components, respectively; 

3. Ascertain the potential failure mode(s) of the sub-processes or components; 

4. Ascertain the effect(s) of each potential failure mode; 

5. Ascertain the root cause(s) of each potential failure mode; 

6. Identify the current corrective action(s) pertaining to each root cause; 

7. Assess the impact pertaining to the effect using the S scale table; 

8. Assess the occurrence frequency pertaining to the root cause using the O scale 

table; 

9. Assess the effectiveness of each current corrective action using the D scale 

table; 

10. Compute the RPN scores; 

11. Back to (2) if there is any corrective action; 

12. End. 

 

It is worth noting that a corrective action could be a prevention method, a control 

action, or a detection method. 
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2.2. Background 

Two definitions from [23] and [24] are considered, as follows. 

 

Definition 1. [23] Three risk factors in an FMEA activity, i.e., S, O, and D, are 

considered.  These risk ratings are represented by �� �� and �, i.e., � � �� � � �� and � �	, respectively.  In addition, the lower and upper bounds of S, O, and D are represented 

by � and
�, � and
�, and � and �, respectively. 

 

Definition 2. [24] The RPN space contains all possible RPN scores, i.e., ��
 ����
����� .  The lower and upper bounds of the RPN space are denoted by ��
 

and
��
, respectively, and ��
 � ��
 � 
��
 is always true. 

 

Note that, a notation, � � ��� �� �� is used, in which �  is an element of
��� �� ��.  
Besides, � is a natural number, i.e., � � � and � � � � � is always true. 

3. New Tree and Vector Representations with Benchmark Information 

3.1. Notations 

An FMEA activity with N failure modes ���� or N corrective actions � �� to be 

prioritized, is considered, where ! " #� $� % � 
 .  The effect(s), root cause(s), and 

control(s) or prevention method(s), for ��  or  � , are denoted by &�� � ��  and �'� , 

respectively.  Each &�� � ��  and �'�  is associated with &��(� � ��)�  and �'��* , 

respectively.  The S, O, and D ratings of &��(, � ��), and �'��*, for �� or  �, are denoted 

by ���( , ���) , and ���* , respectively, such that + " #� $� % � , , - " #� $� % � . , and / "#� $� % � 0.  Note that 0 " # for  �.  The RPN score of �� or  � is denoted as ��
� .  To 

ease the explanation, two benchmark information (i.e., FMEA worksheets) are 

considered. 

3.2. Example [13] 

A FMEA worksheet (See Figure 2) for a seal pump from [13] is considered.  The focus 

is on the design of a seal pump, for the oil and gas industry.  A total of 7 failure modes 

need to be prioritized, i.e., N = 7.  The tree model of �1 is depicted in Figure 3.  The first 

layer of �1 consists of its root node, also representing the RPN model and together with 

its RPN score, i.e., ��
1 " #23.  There are three nodes in the second layer, also the 

children for the root node, i.e., &1� � 1� and
�'1.  &1� � 1� and �'1 are associated with �1 " 4� �1 " 3� and �1 " 5, respectively.  In the third layer, the children nodes of &1� � 1 , and �'1  are &1�6� &1�7� &1�8 , � 1�6� � 1�7� � 1�8 , and �'1�6� �'1�7� �'1�8 , 

respectively.  &1�6� &1�7 , and &1�8  are associated with �1�6 " 4� �1�7 " 9, and �1�8 " 2, 

respectively.  � 1�6� � 1�7, and � 1�8 are associated with �1�6 " 4� �1�7 " 3, and �1�8 ":, respectively.  �'1�6� �'1�7 , and �'1�8  are associated with �1�6 " #� �1�7 " 5, and �1�8 " $, respectively. 
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Figure 2.  Design FMEA for a seal pump from [13] (page 166) 

 

 

Figure 3.  Three-layer rooted tree of �1 

�� or  � can also be represented as a nested vector, in the form of Eq. (1).  ��
�  can 

be represented as Eq. (2), which can be further reduced to Eq. (3).  All ��� �� � and �� are 

obtained by aggregating ���( ,���)  and ���*  (i.e., a reduction of the tree), or by manual 

assignment from the FMEA users. 

��; � " <<&��6� &��7� % � &��=>� <� ��6� � ��7� % � � ��?>� <�'��6� �'��7� % � �'��@>> (1) 

��
� " <<���6� ���7� % � ���=>� <���6� ���7� % � ���?>� <���6� ���7� % � ���@>> (2) 

��
� " A��� �� � ��B (3) 
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�1 is also represented in Eq. (4).  Besides, ��
1 is represented in Eq. (5), which can 

be reduced to Eq. (6). 

�1 " C<&1�6� &1�7� &1�8>� <� 1�6� � 1�7� � 1�8>� <�'1�6� �'1�7� �'1�8>D (4) 

��
1 " E<�1�6 " 4� �1�7 " 9� �1�8 " 2>� <�1�6 " 4� �1�7 " 3� �1�8 " :>�
<�1�6 " #� �1�7 " 5� �1�8 " $> F (5) 

��
1 " A�1 " 4� �1 " 3� �1 " 5B (6) 

 

3.3. Example [14] 

FMEA for a welding process from [14], is considered (see Figure 4).  There is a total 

of 10 corrective actions to be prioritized, i.e., 
 " #G.  Tree models for  H�  I and  J are 

depicted in Figure 5.  Note that there is only a prevention method and a D rating for each 

of  H�  I, and  J.   H is used for explanation.  The first layer of  H consists only the root 
node and it is associated to ��
H " #$G.  Again, the root node also denotes the RPN 

model, together with its RPN score.  There are three nodes in the second layer, also the 

children for the root node, i.e., &H� � H� and �'H.  &H� � H� and �'H are associated with �H " :� �H " 5�  and �H " 3 , respectively.  In the third layer, the children nodes of &H� � H� and �'H , are &H�6� � H�6, and �'H�6, respectively.  &H�6� � H�6, and �'H�6  are 

associated with �H�6 " :� �H�6 " 5, and �H�6 " 3, respectively.  The same applies to  I 

and  J. 

Again,  H is also represented as Eq. (7).  ��
H  is written as Eq. (8).  The same 

applies to  I and  J, which are represented as Eqs. (9) and (10), respectively.  ��
I and ��
J are represented as Eqs. (11) and (12), respectively too. 

 H " C<&H�6>� <� H�6>� <�'H�6>D (7) 

��
H " A�H " :� �H " 5� �H " 3B (8) 

 I " C<&I�6>� <� I�6>� <�'I�6>D (9) 

 J " C<&J�6>� <� J�6>� <�'J�6>D (10) 

��
I " A�I " 2� �I " 5� �I " 9B (11) 

��
J " A�J " 2� �J " 4� �J " 9B (12) 
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Figure 4.  FMEA for a Welding Process from [14] (page 260) 

 

Figure 5.  The three-layer rooted trees of  H,  I, and  J. 

4. Handling of Missing risk ratings 

The proposed approaches in this paper can be extended to the case of FMEA with 

missing risk ratings.  Example 1 is considered.  If �1�7 and �1�8 are missing, then �1�7 "K and �1�8 " K.  The three-layer rooted tree of �1 with the two missing risk ratings, is 

depicted in Figure 6.  ��
1 is also denoted in Eq. (13), and it can be reduced to Eq. (14), 

by considering the worst cases of �1�7 and �1�8, i.e., �1�7 " �1�8 " #G. 
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Figure 6.  The three-layer rooted tree of �1 with missing risk ratings. 

��
1 " E<�1�6 " 4� �1�7 " K� �1�8 " K>� <�1�6 " 4� �1�7 " 3� �1�8 " :>�
<�1�6 " #� �1�7 " 5� �1�8 " $> F (13) 

��
1 " A�1 " #G� �1 " 3� �1 " 5B (14) 

5. Conclusions 

In this paper, two new representations, i.e., a new tree representation and a new vector 

representation, for potential failure modes and corrective actions were outlined.  The 

usefulness of the proposals was demonstrated with two benchmark information sets.  

Besides, usefulness of the representations for FMEA with missing risk ratings was 

demonstrated too.  As future works, monotone fuzzy inference based RPN models [18–

22] [24] will be included as a part of the representations. 
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